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Use is made of the concept of the relative complexity of a finite
binary string in one or more infinite binary strings. An infinite binary
string is recursive in another iff dcVn the relative complexity of its
initial segment of length n is less than ¢ + log, n. With positive prob-
ability, an infinite binary string has the property that the complexity
of its initial segment of length n relative to the rest of the string is
asymptotic to n. One such string R recursive in (/' is defined. This
infinite string R is separated into N independent infinite strings, i.e.
the complexity of the initial segment of length n of any of these strings
relative to all the rest of these strings is asymptotic to n. By joining
these independent infinite strings one obtains Turing degrees greater
than 0 and less than 0’ with any denumerable partial order. From
the fact that R is recursive in () it follows that there is a recursive
predicate P such that asymptotically n bits of axioms are needed to
determine which of the following n propositions are true and which are
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false: JxVy P(z,y,a) (a <n).
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